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Random fiber lasers blend together attractive features of traditional random
lasers, such as low cost and simplicity of fabrication, with high-performance
characteristics of conventional fiber lasers, such as good directionality and high
efficiency. Low coherence of random lasers is important for speckle-free im-
aging applications. The random fiber laser with distributed feedback proposed
in 2010 led to a quickly developing class of light sources that utilize inherent
optical fiber disorder in the form of the Rayleigh scattering and distributed
Raman gain. The random fiber laser is an interesting and practically important
example of a photonic device based on exploitation of optical medium disorder.
We provide an overview of recent advances in this field, including high-power
and high-efficiency generation, spectral and statistical properties of random
fiber lasers, nonlinear kinetic theory of such systems, and emerging applica-
tions in telecommunications and distributed sensing. © 2015 Optical Society
of America
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1. Introduction

Materials with periodically structured refractive indices play very important
roles in optical science and technology. The optical characteristics of periodic
and quasi-periodic photonic structures are exploited in a range of devices and
technologies: filters [1], photonic crystal fibers [2], fiber Bragg gratings [3,4]
and distributed feedback (DFB) lasers based on long gratings inscribed in active
or passive fibers [5,6], enhancement of nonlinear effects [7–9], realization of
negative refractive index materials [10], optical memory, light delay lines,
and even in the observation of photonic analogues of quantum mechanics [11].
However, a majority of naturally occurring changes of refractive index in media
arise from random density fluctuations, which predominantly result in random
scattering of light. Generally, random fluctuations are undesirable and special
measures are usually taken to avoid their emergence, such as minimizing atmos-
pheric turbulence by means of adaptive optics in telescopes [12] and periodic or
distributed amplification in optical fiber communication links to compensate for
Rayleigh scattering losses of the propagating signal [13].

A very different, counterintuitive approach is to explore how disorder of refrac-
tive index can be translated into new optical technologies and devices. Many
naturally existing photonic structures exhibit a randomness in their periodicity,
but they can surpass manmade periodic structures in optical performance [14].
These properties give the notion that disorder—either naturally occurring (like in
submicrometer irregularities of glass) or artificially introduced—can in fact con-
tribute toward an enhanced functionality of photonic devices (see for example,
[15,16]), a notion that has fueled growing interest in the development of
engineering design rules for photonic devices based on disorder.

The random laser is an addition to this ever-growing list of disorder-based pho-
tonic devices. When one thinks of a laser, the picture that comes to mind is one
of an optical resonator encapsulating a gain medium. The optical resonator forms
an important part of the laser, which provides the spectrally filtered feedback
necessary for the onset of lasing, and often employs active stabilization proce-
dures for optimal operation. In contrast, in a random laser, the feedback is gen-
erated via multiple scatterers interdispersed with gain media, distributed
randomly over space and/or time. The transport properties of light in this random
medium can then be controlled by altering the concentration and dimensions of
the scattering particles in such a way that its mean free path becomes much
longer than the amplification length. In this scenario, one can envision an in-
coherent feedback mechanism, where the scattered light is amplified by the
spectrally dependent gain, giving rise to a spectral narrowing of radiation.
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Alternatively, the scattered paths might close onto themselves, giving rise to
constructive interference, which could in turn set up several microscopic lasers
within the random medium. The phenomenon of random lasing was first ob-
served by Ambartsumyan et al. [17], who replaced one of the mirrors of a ruby
laser with a diffusive surface, giving rise to incoherent feedback. Since then,
random lasing has been realized in several configurations—colloidal solutions
[18], powdered laser crystals [19], zinc oxide powders [20], and even in bio-
logical tissues [21] and cold atoms [22]. A comprehensive review of the field
in general is beyond the scope of the current work, and the reader is referred to
excellent reviews of the field by Cao et al. [23,24] and citations therein. The
relative simplicity of the realization of such lasers holds tremendous potential
for practical applications, particularly if the disorder is of natural origin (e.g., one
arising from a self-organization process), and does not need to be prefabricated.

A novel type of random laser—the random DFB fiber laser—was recently re-
ported [25]. Randomly distributed refractive index inhomogeneities throughout
the length of the fiber give rise to scattering, whence a fraction of the scattered
light is recaptured and amplified, giving rise to the necessary feedback process
[26]. Conventional optical fiber is used as a transport medium, while the gain is
established via stimulated Raman scattering (SRS). Such a system intrinsically
provides directionality, thus making it a viable solution for commonplace laser
applications. Starting from the first demonstration in 2010, random DFB fiber
lasers have received much research attention, which has resulted in a range of
practically important devices. The principle of operation of random DFB fiber
lasers and various technical designs are reviewed in [26]. In the current paper
we review recent advances in the field and focus on the ultimate power and
efficiency performance of the laser, managing its spectral properties in experi-
ments, and fundamental challenges in theoretical description of such sources.

2. High-Power and High-Efficiency Generation

Due to the relatively low Rayleigh backscattering coefficient, random lasing in a
single-mode fiber (SMF) can be more easily achieved if a high pump power and/
or a long fiber is used. In early experiments, quite a long fiber (L > 40 km) was
applied to enhance the integral value of the random Rayleigh DFB and Raman
gain, thus achieving random lasing with relatively low pump power (∼1 W)
[25,27]. On the other hand, generation efficiency of a random laser based on
such a long fiber appears to be sufficiently lower than that in a conventional
Raman fiber laser with optimal cavity design. So, one of the most important
directions of random fiber laser development is efficiency enhancement.

Just after the first experiments, it became clear that shorter fibers and shorter
operating wavelengths (which are characterized by higher Rayleigh backscatter-
ing as well as Raman gain coefficients) are preferable for high-efficiency
generation in random fiber lasers, in spite of higher threshold pump power in
this case; see [28,29]. An exponential growth of efficiency with decreasing
length was predicted analytically [28] for the initial random fiber laser configu-
ration with two fiber arms symmetrically pumped by two pump sources from the
center [25]. Later on, various pumping schemes, both symmetric and asymmet-
ric, in combination with insertion of broadband or spectrally selective reflectors
at one fiber end were also tested to find the optimal configuration; see [26] for a
review. These endeavors resulted very recently in demonstration of high-power
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random distributed feedback (DFB) fiber laser operation (in the 10–100 W
range) with ultimate efficiency (close to the quantum limit), which has attracted
a lot of attention; see [30] and citations therein. Thus a new direction of high-
power laser source development has been initiated. The results obtained in this
direction will be reviewed in more detail here.

The basic scheme of a random fiber laser with one-side pumping is shown in
Fig. 1(a). The pump source is coupled to the fiber at one end, thus providing
distributed Raman gain for the Stokes wave at redshifted wavelength (relative to
the pump). The Rayleigh backscattered radiation is used as random DFB, result-
ing in lasing at the Stokes wavelength. The fiber ends are cleaved at an angle of
>10°, which prevents Fresnel reflection. The lasing threshold is reached when
the pump-induced integral gain for the Stokes wave becomes higher than the
integral round-trip losses, which are defined mainly by the Rayleigh scattering
outside the fiber waveguide.

There can be different technical realizations of the random fiber laser concept. In
the first demonstration [25], a piece of fiber was symmetrically pumped from the
central point (over length) of the fiber span in two opposite directions. The
threshold pump power may be sufficiently reduced if one inserts a highly re-
flecting mirror at one side and uses only one pump laser, as schematically shown
on Fig. 1(b). Despite use of the mirror in this configuration, the laser generation
properties are still defined by the random DFB. In terms of its properties, the
symmetrical configuration with no mirrors [25] and the configuration shown on
Fig. 1 are identical (see [26] for details), so for the remainder of this review we
do not distinguish between them. The mirror can be placed at different positions
relative to the pump wave coupling point. If the mirror is placed near the pump-
coupling end, as shown in Fig. 1, the output Stokes wave reflected by the mirror
copropagates with the pump wave and reaches its maximum power near the fiber
end. Such a configuration is conventionally called forward pumped, as opposed
to the backward-pumped one in which the mirror is placed at the opposite end of
the fiber. The random fiber laser configuration with no mirrors and only one
pump from the fiber end is called a single-arm configuration.

The generation power and generation efficiency of the random fiber laser can be
described within a simple power balance model:�� dP�

dz � −αpP
�
− gR

ωp

ωs
P��I− � I��;

� dI�
dz � −αsI

� � gR�P� � P−�I� � εI�:
�1�

Figure 1

(a) Basic scheme of the forward-pumped high-power RDFBL (reprinted with
permission from Ref. [30]; copyright 2014 Optical Society of America).
(b) The experimental setup in forward-pumped configuration. Reprinted with
permission from Vatnik et al., Laser Phys. Lett. 11, 075101 (2014), Ref. [31].
Copyright IOP Publishing. All rights reserved.
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Here P denotes the power of the pump wave and I denotes Stokes wave power,
lower indices p and s refer to the pump and Stokes waves, respectively, while
upper indices + and − refer to the forward (propagating in the direction along the
z axis) and backward (corresponding to the z axis) propagating waves, respec-
tively. Coefficient α defines the linear attenuation, gR is the gain coefficient at
the wavelength with maximal Raman amplification, and ε is the backscattering
coefficient, ε � Qαs, where Q ∼ 1∕600 is a backscattered factor [26].

The power balance equation set in Eqs. (1) is the simplest model of the random
fiber laser and does not include spectral properties or nonlinear effects. Despite
that, it proved to provide precise description of the generation power, the
generation threshold, and the generation efficiency of a random fiber laser
[26]. The spectral properties and contribution of nonlinearity will be rigorously
described in Section 4.

The performed numerical analysis of Eqs. (1) in the case of a single-arm con-
figuration where P− � 0 [29] with corresponding boundary conditions revealed
that the output power of the forward propagating Stokes wave is always lower
than the output power of the backward Stokes wave; see also [26]. The backward
wave output power depends always linearly on pump power, and the forward
output power would be saturated with the increase of pump power. The reason is
that in the single-arm configuration, the backward wave is amplified mainly near
the pump-coupling fiber end where the pump wave is undepleted, whereas the
forward wave would propagate in the remaining fiber part, where the Raman
gain may not compensate the linear attenuation due to the pump depletion.
As a result, the slope efficiency for a forward-propagating Stokes wave expo-
nentially decreases with increasing length, whereas the backward wave effi-
ciency is nearly constant, approaching maximum value of 90% at L → 0.
Herewith, maximum single-end output power and absolute optical efficiency
(η ∼ 0.8) is reached for the backward wave in a long enough (L ≥ 15 km)
random fiber laser.

It was also found that even tiny (∼10−4) parasitic point reflections on fiber ends
could significantly change the power performance of the RDFBL in the single-
arm configuration. In such a case, the power of the forward wave can become
higher than the power of the backward wave. Nevertheless, in such a configu-
ration with a 300 m SMF [32], output power of as high as 73.7 W was achieved
with absolute optical efficiency of about 75%; see Fig. 2, where the power value
is a sum of forward and backward ones. Here the forward component is almost
4 times higher than the backward one, which indicates the presence of parasitic
reflections. The demonstrated laser is pumped at 1120 nm and generates at
1184 nm. Note that in real applications, the parasitic reflections could easily
be introduced into the system because of dirt/dust on fiber ends, fiber connec-
tors, etc., which would limit the application range of the single-arm configura-
tion in high-power regimes. In this sense, the random fiber laser configuration
based on half-open cavities with one highly reflecting mirror is more practical
from the point of both minimizing parasitic reflection influence and concentrat-
ing all output power into one fiber end.

The forward-pumped random fiber laser configuration, which has a point reflec-
tor at the pump-coupling side of the fiber span [see Fig. 1(b)], was initially pro-
posed for the purpose of reducing the threshold pump power. The inverse
exponential dependence of the output efficiency on the fiber length predicted
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in [28] indicates that high optical conversion efficiency can be achieved with
short fiber length. Recent experiments on a short-fiber forward-pumped random
fiber laser based on a fiber loop mirror made of a 3 dB coupler proved this pre-
diction [31,33]. With a 850 m long phosphosilicate fiber featuring a large Stokes
shift, of first-order random lasing operating at 1308 nm achieved 7.3 W of power
with 66% optical conversion efficiency at 1115 nm pump radiation [31]. After
the pump power reaches the threshold, the differential generation efficiency
demonstrates extraordinary behavior: just above the threshold, it amounts to
several hundred percent, and more than 2 W of the lasing is generated from
0.5 W of pump excess over the lasing threshold; see Fig. 3(a). As the threshold
pump power is Pth � 5.5 W, 2 W of output power is generated from the 6 W of
total pump power launched into the fiber, so there is no violation of energy
conservation law. Moreover, the corresponding quantum efficiency can exceed
100%, due to the specific longitudinal power distribution along the cavity and
lower loss for the generated wave compared to the pump wave [31]; see
Fig. 3(b). The relative quantum efficiency is defined here as the ratio of the
Stokes photons, N out

S � Pout
S ∕hvS, to the pump photons in a loss-only regime

at the cavity output, Nout
P � Pin

P e
−αpl∕hvP. Note that the total quantum efficiency

[black line in Fig. 3(b)], which is the ratio of generated photon number to in-
jected pump photon number, can never be higher than 100% (actually, it cannot
be higher than the loss level).

Despite an extremely small value of the integral Rayleigh backscattering coef-
ficient (10−4), random DFB has a crucial role on the generation performance of a
short random fiber laser. Indeed, if the feedback is organized in the conventional
way by reflecting sufficient part of the radiation from the point-action mirror, the
output efficiency as well as the output power deteriorates. In the case of 4%
Fresnel reflection from the normally cleaved fiber end [see Fig. 3(a)], despite
the lower generation threshold, the maximum output power is much lower
compared with pure random lasing because of the cascaded second Stokes wave
generation that starts at pump power levels of more than 5.5 W. Another limiting
case is a system without any feedback, neither randomly distributed nor

Figure 2
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Reprinted from Zhang et al., Laser Phys. Lett. 11, 075104 (2014), Ref. [32].
Copyright IOP Publishing. Reproduced with permission. All rights reserved.
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conventional point-action reflection. Indeed, simulations show that, at high
powers (10 W), an efficient pump-to-Stokes conversion may also occur in a
single pass without any feedback in the regime of amplified SRS [see Fig. 3(a)],
but spectral features in this case are quite different from that for a random fiber
laser (which will be discussed in later sections).

Reference [33] presents a comprehensive study on a highly efficient forward-
pumped random fiber laser with a half-open cavity based on 1 km of standard
SMF operating at 1140 nm under 1090 nm pumping. The results also show that
shorter fiber lengths allow improvement of the optical conversion efficiency of
first-order random lasing by suppressing the generation of second-order random
lasing at high pump power. The absolute optical conversion efficiency can ap-
proach the quantum limit (defined as hvS∕hvP), showing the ultimate efficiency;
see Fig. 4. As expected, the power performance in a forward-pumped random
fiber laser is insensitive to parasitic reflection on the fiber end. This characteristic
is important for ensuring laser performance in practical experimental conditions.

The effect of point reflectors’ reflectivity on the characteristics of a high-power
forward-pumped random fiber laser was investigated in [34]. With 500 m of
SMF, the maximum achievable first-order random lasing output can even be
increased if the reflectivity of the mirror is decreased from 0.9 to 0.01.
Numerical analysis is based on Eqs. (1) (with corresponding boundary condi-
tions for the forward-pumped configuration). The results show that a mirror with
low reflectivity is preferable in order to achieve higher output power, and even
with a flat fiber end, which has ∼4% broadband reflection, could be sufficient.
Therefore, a forward-pumped random fiber laser can be easier to construct for
various lasing wavelengths, and the configuration is much simpler, making the
forward-pumped high-power random fiber laser very attractive in real applica-
tions. Furthermore, efficient cascaded random lasing in a forward-pumped

Figure 3
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Ultimate generation efficiency of the random fiber laser. (a) Experimentally
measured output power of the random fiber laser (red points) compared with
the output power of the laser having a 4% output reflector (green points).
Results are compared with the numerically calculated output power of an ASE
source (gray line) of the same length (i.e., the system without random DFB).
(b) Total optical efficiency (black squares, defined as the ratio of the output
generation power to the input pump power) and relative quantum conversion
efficiency (red squares, defined as the ratio of the generated photon number
at the laser output to the transmitted pump photon number if the Raman con-
version is absent) in comparison with theoretical limits in approximation of
equal attenuation of the pump and Stokes waves (dashed lines). Reprinted with
permission from Vatnik et al., Laser Phys. Lett. 11, 075101 (2014), Ref. [31].
Copyright IOP Publishing. All rights reserved.
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random fiber laser has been demonstrated in [35]. The fiber loop mirror provides
the feedback for both the first- and second-order Stokes waves. As a result, out-
put power for the second Stokes component exceeds 5 W at pump power
of 11 W.

In the backward-pumping scheme, low-threshold high-efficiency operation of
the random fiber laser can be obtained, featuring a linear output [36]. With a
point-reflector placed at the far end of the fiber (opposite to the pump-coupling
point), most energy is further pushed toward the pump side, comparing with the
single-arm scheme, producing high-efficiency output into the open fiber end.
Also, the influence of the parasitic reflection can be significantly suppressed
here. As both the threshold and the slope efficiency depend on the fiber length,
the fiber length should be carefully chosen for the purpose of achieving low-
threshold and high-power random lasing simultaneously. In contrast to the for-
ward-pumped random fiber laser, the output power increases linearly with the
pump power after the threshold, making the backward-pumped random fiber
laser’s configuration an alternative way to generate high-power laser radiation
for practical applications. As experimental verification, a low-threshold (2 W),
high-power (7.13 W output at 10 W pump), high-efficiency (more than 90%
slope efficiency) random fiber laser with linear output at 1145 nm is achieved,
as shown in Fig. 5.

Note that other fiber types can be used in random fiber lasers, resulting also in
changes of power and efficiency performance. For example, random lasing was
demonstrated in a nitrogen-doped silica fiber with a fiber span of just 500 m with
an efficiency of 58% [37]. The nitrogen-doped fiber is characterized by the
higher values of Rayleigh scattering and Raman gain (7.5 W−1 km−1).

In all the treated schemes, pumping is produced by the laser radiation, e.g.,
generated by a high-power Yb-doped fiber laser. For practical applications it
is important to further simplify the pumping scheme by implementing direct
pumping of a random fiber laser by high-power laser diodes. Such an endeavor

Figure 4

(a) Maximum output power and optical conversion efficiency of the first-order
random lasing as a function of fiber length. Results of numerical calculation
within the power balance model are shown. Copyright 2015 IEEE.
Reprinted, with permission, from Wang et al., IEEE J. Sel. Top. Quantum
Electron. 21, 0900506 (2015) [33]. (b) Output power versus input pump power
for different fiber lengths. Numerical simulations.
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was attempted in [38], where random lasing was achieved in a 4.5 km multimode
gradient-index fiber directly pumped by a high-power multimode laser diode at
940 nm. Lasing was obtained at 980 nm when the coupled pump power exceeded
40 W. Since the maximum pumping was limited by 45 W, the generated power
approached the 1 W level only, but the differential efficiency was high enough to
obtain a higher output power at higher excess above the threshold. In addition,
this scheme has a prominent feature that enables radical beam quality improve-
ment. The measured divergence of the output beam at 980 nm is 4.5 times lower
than that of the pump beam. In addition to the well-known Raman clean-up effect
based on the radial-coordinate-dependent Raman gain in gradient-index multi-
mode fibers, Rayleigh-scattering-based feedback may also have some impact on
the clean-up due to the radial variation of the refractive index (and its fluctua-
tions, as well). It has been indirectly confirmed in experiments with linear-cavity
Raman lasers with the same fiber [39] that the observed divergence of the output
beam was 1.5 times larger than that for the Rayleigh-scattering-based feedback
scheme. This approach seems to be attractive for high-power generation in
the short-wavelength spectral domain (<1 μm), where generation of rare-
earth-doped fiber lasers is problematic. For example, by using a commercially
available high-power laser diode around 800 nm, one can generate in conven-
tional multimode passive fibers a high-quality beam around 830 nm [40].

Combination of the approach of direct laser diode pumping with efficient all-
fiber design of a random fiber laser with a short half-open cavity seems to be a
promising way for development of highly efficient laser sources operating on
various wavelengths in a broad spectral range (from below 1 μm to above 2 μm)
in a simple and reliable all-fiber configuration based on passive fibers and high-
power laser diodes only, thus offering new applications of random fiber lasers.

3. Spectral, Temporal, and Statistical Properties of
Random Fiber Laser Generation

3.1. Managing Spectral Performance of Raman-
Gain-Based Random Fiber Lasers

The spectral properties of the radiation of random DFB fiber lasers are of great
interest and practical importance. A wide range of random fiber lasers with

Figure 5
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substantially different spectral performance have been recently developed. In a
random DFB fiber laser of standard configuration (without any special measures
to tailor spectral properties), the generation spectrum is defined by the Raman
gain profile of the fiber used. The generation occurs at frequencies at which the
Raman gain spectral profile has local maxima. If conventional fiber is used in
which the Raman gain has two local maxima, the generation spectrum can
often have a shape of two separated broad bell-shaped peaks; see [26] for details.
In random DFB fiber lasers based on phosphosilicate fiber, the generation
spectrum has the form of a single bell-shaped peak, as the Raman gain profile
has a one local maximum only [41].

The typical generation spectrum of a Raman fiber laser is bell shaped [Fig. 6(a)].
However, the spectrum shape strongly depends on the pump and generation
power. At low pump power (just below the generation threshold), the spectral
shape is close to the Raman gain spectral profile, and it deviates from this shape
at higher pump power. While pump power increases, the spectrum becomes
narrower [Fig. 6(b)]. However, at higher pump power, the spectral broadening
starts to prevail. The spectrum of a random fiber laser is modeless as the laser
has no cavity of fixed length. This fact was directly confirmed in experimental
measurements of the mode structure in [28].

The spectral broadening law could depend on the random fiber laser configu-
ration. For example, as shown in [42], in a forward-pumped configuration, the
spectral width increases linearly over the pump power. If the laser setup incor-
porates a point-based mirror, the spectral broadening rate depends on the reflec-
tivity of such mirror: the higher is the reflection coefficient of the mirror, the
broader is the generated spectrum, [42]. Such dependence could be connected
with the fact that power characteristics (generation threshold, generation effi-
ciency, and longitudinal power distribution) are changed when the reflection
coefficient of the point-based mirror in the random fiber laser is changed [34].
This could lead to different levels of generation power at the same pump power
level, which in turn affects the width of the generation spectrum. Indeed, it is
assumed that at high power the spectrum is influenced by nonlinear processes
that are intensity dependent; see Section 4.2 for details.

The spectral characteristics of random fiber lasers can depend on the type of the
fiber used.

Figure 6

Typical generation spectrum of the 51 km long random DFB fiber laser under
1455 nm pumping. (a) Spectral shape at different pump power levels, and
(b) spectral width as a function of generation power. Reprinted with permission
from Ref. [42]; copyright 2011 Optical Society of America.
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However, variation of spectral width could be associated not only with fiber
parameters, but also with the length of the laser. In particular, in [43], exper-
imental study of the dependence of spectral properties of a random DFB fiber
laser on the laser’s length was presented. The laser’s length was varied from 2 to
15 km. The laser was pumped at 1064 nm, which resulted in generation near
1118 nm. An increase of the fiber length resulted in a decrease of the laser gen-
eration threshold pump power, while the slope efficiency was almost constant.
The longer the laser, the narrower the generation spectrum (at fixed generation
power) [Fig. 7(a)]. Because the generation threshold and efficiency are different
in lasers of different lengths, the same generation power could be achieved at
different pump powers. It is interesting that, if the spectral width is plotted as a
function of pump (but not generation) power, then the spectral width remains the
same for any cavity length Fig. [7(b)].

The strong dependence of the spectral properties of random fiber laser gener-
ation on fiber parameters were found recently in numerical calculations [44]. In
that paper, full numerical nonlinear Schrödinger equation (NLSE)-based mod-
eling of the generation properties of random DFB fiber lasers is reported. As the
model takes into account dispersion and nonlinearity, one can track their
influence on the spectral properties of random generation. In particular, if the
dispersion is fixed, but nonlinearity is increased, the generation spectrum be-
comes broader [Fig. 8(a)]. However, the spectrum becomes narrower in lasers
made of fiber with higher dispersion [Fig. 8(b)]. This means that proper
dispersion and/or nonlinear management could be a practical tool to change the
spectral properties in real random DFB fiber laser systems. In this regard, we
have to note that how the spectral properties of random DFB fiber lasers depend
on system parameters is yet to be experimentally investigated. Preliminary stud-
ies show that in a random fiber laser made of 1060-XP fiber, the spectrum is
broader (around 1.5 nm) than in a laser based on TrueWave fiber (below 1 nm).
The spectral broadening law could also be different: The spectral width almost
does not depend on generation power in a random laser based on 1060-XP fiber,
while strong dependence is observed in a laser based on TrueWave fiber, [45].

The spectral properties of a random DFB fiber laser can be different if the laser is
pumped by linearly polarized radiation. All the lasers reported above have been
pumped by unpolarized sources. By using a polarized pump, partially polarized
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Experimentally measured dependence of the width of the random DFB fiber
laser generation spectrum on the laser length. (a) Spectral width as a function
of generation power, and (b) spectral width as a function of pump power.
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generation could be obtained with a generation spectrum exhibiting discrete nar-
row spectral feature, in contrast to the smooth spectrum observed for depolarized
pumping. The first indication of that was reported in [46], in which a spiky gen-
eration spectrumwas observed in a short random fiber laser operating in the 1 μm
spectral range under polarized pumping [Fig. 9(a)]. A much more detailed study
was reported in [47] [Fig. 9(b)]. It was found that the threshold, output power,
degree of polarization, and the state of polarization (SOP) of the lasing can be
significantly influenced by the SOP of the pump. Because the Raman gain is
different for orthogonal polarizations, the longitudinal power distributions are
different in the case of polarized and depolarized pumping, which results in con-
siderable reduction of the generation slope efficiency for polarized radiation.
However, it is still unclear why narrow lines appear in the generation spectrum
under polarized pumping. Further investigation is needed in this direction.

Spectral management could be performed by incorporation into the cavity of the
random fiber laser different spectral elements (for example, filters) and tailoring

Figure 9

Generation spectrum of the random DFB fiber laser pumped by a polarized pump
source. (a) The laser operating in the 1 μm spectral range. Reprinted with permis-
sion from Churkin et al., Laser Phys. 21, 1525–1529 (2011), Ref. [46]. Copyright
IOP Publishing. All rights reserved. (b) The laser operating in the 1.45 μm
spectral range. Reprinted with permission from Wu et al., Laser Phys. Lett.
12, 015101 (2015), Ref. [47]. Copyright IOP Publishing. All rights reserved.
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their spectral properties. The specific highly nonuniform longitudinal distribu-
tion in long random DFB fiber lasers [48] allows management of the spectral
properties of high-power output radiation by means of placing low-power-
handling spectral components into a specific point over the cavity of the random
fiber laser, where the generation power is low. In this way [49], narrowband
generation has been demonstrated in which a narrowband spectral filter (fiber
Bragg grating or Fabry–Perot etalon) has been inserted via a set of circulators
into the symmetrical configuration of a random fiber laser made of spans of
40 km standard Corning SMF 28. The linewidth of the output radiation is around
0.05 nm [Fig. 10], which corresponds to the spectral width of the spectral filter
used. Let us recall that the typical spectrum width in a random fiber laser without
spectral filters is around 1 nm [Fig. 6].

Note that if the spectral filters are tunable, then tunable generation of random
DFB fiber lasers can be demonstrated. Tunability in a random fiber laser was
first demonstrated in [28] by the use of a simple filter in the symmetric pump
configuration. An extremely flat tuning curve over the whole gain spectrum of
the laser was demonstrated in this very simple configuration. Further works on
tunable random DFB fiber lasers include [50,51]. In [52], tunability of a random
fiber laser was demonstrated by using long period fiber Bragg gratings. In gen-
eral, the typical tuning range offered by random DFB fiber lasers is comparable
to that offered by conventional Raman fiber lasers. Indeed, while the latter offers
tunability of up to 50 nm [53,54], a similar range of 40 nm was demonstrated
using random DFB and a tunable filter [28].

Use of spectral filters having multiple transmission peaks or a set of spectral
filters results in demonstration of multiwavelength generation [55–60]. The use
of multiple fiber Bragg gratings was demonstrated as a viable straightforward
route for obtaining multiwavelength generation in random fiber lasers
[55,56,61]. Gain competition effects that are usually seen in conventional cavity-
based lasers were absent because of the random nature of the feedback, which
resulted in a flatter distribution of generation power over the different generation
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lines. Multiwavelength generation was also demonstrated by the use of an all-
fiber Lyot filter [60]. A flat power distribution was obtained, which was attrib-
uted to a homogeneous gain saturation mechanism. A much flatter wavelength
response was demonstrated by the use of an actively controlled wavelength filter
[62]. The output of the laser was monitored continuously and used as feedback
for the filter. Multiwavelength lasing over 30 different wavelengths over
the International Telecommunication Union (ITU) grid was demonstrated.
Furthermore, real-time (on a timescale of filter response time of around 1 s)
switching between different wavelengths was also possible in this configuration.

Simultaneous multiwavelength and tunable generation could be also achieved if
the multitransmission peak spectral filter could be tuned in some way. For
example, multiwavelength and tunable generation in a random fiber laser
was demonstrated in [63]. A microprocessed fiber Fabry–Perot filter combined
with a Mach–Zehnder interferometer formed by a pair of special long-period
fiber gratings was incorporated into the random fiber laser. Tuning was achieved
by bending the spectral filter, so the tunable range was limited (from 1553.9 to
1565.4 nm). Zhu et al. [51] demonstrated a multiwavelength random fiber laser
incorporating a Fabry–Perot filter combined with a long-period grating, which
was also tunable over a 10 nm range.

Switchable multiwavelength operation of a random fiber laser was demonstrated
in [62,64]. The laser cavity is based on a random distributed mirror and a real-
time reconfigurable filter mirror structure [Fig. 11(a)]. The laser generates any
combination of wavelengths at the 50 and 100 GHz ITU grid spacings within a
15 nm bandwidth in the C band with a total number of lines of up to 18. The lines
could be switched automatically and in real time, featuring high stability, broad-
band response, reconfigurability, versatility, and high power [Fig. 11(b)]. The
switchable multiwavelength RDFBL could be used as a versatile source for
interrogation systems in fiber optic sensor applications. However, the switching
speed is limited by a filter response time of around 1 s.

Figure 11

Switchable multiwavelength random fiber laser: (a) experimental setup and
(b) example of multiwavelength operation on different switchable lines sepa-
rated by 100 GHz. Reprinted with permission from Ref. [64]; copyright
2014 Optical Society of America.
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The spectral location of the lasing can also be tuned by choosing an appropriate
pump wavelength. By using Yb-doped fiber lasers as a pump source, generation
in the 1 μm spectral range was achieved [45,65,66]. If pumped by a short-
wavelength multimode pump source, random lasing at 980 nmwas demonstrated
[38]. Another possibility is to use higher pump power to initiate the generation of
higher order Stokes waves in a random fiber laser and, in this way, achieve a
generation in different spectral bands. Generation near 1240 nm, [45], 1300 nm
[35], 1550 nm [67–69], and 1670 nm [70] in different configurations of random
fiber lasers having single or multiple cascades have been achieved.

Finally, very recently, frequency doubling of the radiation of random fiber lasers
was demonstrated [71]. Second-harmonic power of around 100 mW near the
654 nm wavelength was achieved via pumping a periodically poled lithium
niobate (PPLN) crystal by high power (up to 7 W) of the output radiation of
ta random fiber laser. In comparison with second-harmonic generation from con-
ventional Raman fiber lasers, random fiber lasers provide even better perfor-
mance in stability and efficiency, thus having great potential for imaging and
other applications requiring low-coherent visible light.

3.2. Spectral Properties of Random Fiber Lasers
of Other Types

The spectral properties of the radiation of random fiber lasers can be managed by
using different gain mechanisms apart from Raman gain. The spectral properties
of such random fiber lasers differ radically from those of random DFB fiber
lasers based on Raman gain.

A particular case is the use of stimulated Brillouin scattering (SBS). The typical
threshold of Brillouin scattering is 1 order of magnitude lower than that of SRS,
which, in fact, leads to observed instabilities before the onset of SRS-based
random lasing [25]. The gain bandwidth of SBS is also orders of magnitude
narrower, typically of the order of 50–100 MHz, compare with a terahertz band-
width for the Raman gain. This narrower bandwidth in turn leads to a much
narrower lasing linewidth as compared to the random fiber lasers based on
Raman gain. SBS-based random lasing was demonstrated in [72–74]. Linewidth
narrowing below the SBS gain bandwidth is achieved via the cooperation
between Rayleigh scattering and SBS, as shown in [75]. Single frequency lasing
with linewidth down to 3 kHz can be achieved (Fig. 12).

Further pump laser instabilities and surrounding acoustic noise resulted in the
generation of multiple narrow linewidth peaks, a situation that was remedied by
the use of an additional feedback loop employing a narrow linewidth Fabry–
Perot etalon [73]. This resulted in frequency stabilization SBS-based random
lasing with a spectral linewidth of only 50 Hz [see Fig. 12(b)].

In a recent work, Saxena et al. demonstrated a bidirectional pumping architec-
ture [76], which outperforms conventional cavity-based fiber lasers in terms of
noise performance. This was attributed to the modeless nature of the random
lasing, the polarization sensitive nature of the SBS, and also the contribution
of double Rayleigh feedback to linewidth narrowing.

Cooperative SBS and Rayleigh scattering can result in multiwavelength gener-
ation if high enough power is generated to initiate cascaded Brillouin processes.
Multiwavelength generation in a random fiber laser operating via both Brillouin
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and Rayleigh scattering covering a span of 52 nm was achieved in [77,78].
Their experimental setup employed a 11 km span of dispersion-compensating
fiber (DCF) seeded with an external cavity laser, while the span was pumped by
a combination of a ytterbium fiber laser and Raman pump units near 1450 nm,
realizing sixth-order distributed Raman amplification. Thus, very high pump
powers (>4.8 W) were required to observe comb generation. The distance be-
tween adjacent lines is defined by the SBS frequency shift, i.e., around 11 GHz,
which is much less than in multiwavelength random fiber lasers based on Raman
gain only. Zamzuri et al. [79] demonstrated a similar multiwavelength system,
where they used fiber-loop-based feedback to improve the efficiency, allowing
generation of the comb at much lower pump powers (500 mW). Martins et al.
[80,81] used a much shorter span of DCF (1 km) to obtain a 32 nm span.
Combinations of different kinds of fiber were also used, which resulted in a
better optical signal-to-noise ratio (OSNR) for the peaks [82,83].

A 40 nm wide, flat amplitude Brillouin comb, comprised of 500 individual lines
was demonstrated by Wang and co-workers in a Rayleigh-reflection-based con-
figuration [84,85] (Fig. 13). They employed a Raman-amplified DCF for gen-
erating the Brillouin–Stokes cascade, together with a 50 km span of standard

Figure 13

Frequency comb generation in a SBS-RS-based random fiber laser. (a) Resulting
Brillouin comb spanning over 40 nm. (b) Spectral and power uniformity of even
and odd modes in the comb (reprinted with permission from Ref. [84]; copyright
2013 Optical Society of America).

Figure 12

Random fiber laser based on SBS gain: (a) typical experimental realization (re-
printed with permission from Ref. [72]; copyright 2013 Optical Society of
America) and (b) observed linewidth of frequency-stabilized SBS random lasing
with increasing input power (reprinted with permission from Ref. [73]; copy-
right 2013 Optical Society of America).
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SMF as a distributed mirror for the backward Brillouin–Stokes. The distributed
mirror, together with the unique circulator–coupler loop configuration, facili-
tated multiple reciprocations of both backward (singly scattered) and forward
(Rayleigh-assisted doubly scattered Stokes) within the dispersion-compensated
fiber. Further, the seeded operation of this configuration led to the realization of
a wideband Brillouin comb at much lower powers of the Raman pump and the
Brillouin seed, leading to a larger Brillouin comb span, and also to minimization
of power and linewidth differences between even and odd modes usually
observed in such Brillouin comb lasers [78,82,83,86].

Spectral tuning of the generated combs can be achieved by simply tuning the
wavelength of the Brillouin seed and that of the pump. For example, Ahmad
et al. [86] obtained multiwavelength generation in the S-band region in a 7.7 km
span of DCF using Brillouin seeding at 1515 nm and Raman pumps at 1425 nm.

Stimulated Rayleigh scattering has also been demonstrated as a viable mechanism
for obtaining random lasing in an optical-fiber-based system [87]; see Fig. 14.
The phenomenon is difficult to observe in optical fibers owing to its lower gain
and a level of threshold comparable with SBS. Stimulated Rayleigh scattering
was first reported in optical fibers by Zhu et al. [88], where they observed a
linewidth narrowing effect from 10 kHz for the spontaneous Rayleigh to a
few kilohertz for the stimulated counterpart. To counteract the effect of SBS,
a nonuniform fiber with varying core diameter along its length was used, which
raised the effective SBS threshold. The sole gain mechanism operating in this
case was the stimulated Rayleigh scattering, which brought about the onset of
lasing and results in narrow-linewidth operation of the random fiber lasers.

Random lasers based on the above gain mechanisms act on the principle of dis-
tributed amplification, which imposes the need for larger lengths of fiber for
sufficient gain and feedback. An alternative approach would be to employ
point-based amplification, while using a suitable span of fiber as a passive dis-
tributed mirror for nonresonant feedback, analogous to Ambartsumyan’s origi-
nal experiment [17]. The high gain, wide bandwidth of operation, and low noise
figure of erbium-based amplifiers make them an attractive choice for this

Figure 14

Observed linewidth narrowing with increasing power in a random laser
operating via stimulated Rayleigh scattering. Reprinted with permission from
“A self-gain random distributed feedback fiber laser based on stimulated
Raman scattering,” Opt. Commun. 285, 1371–1374 (2012) [87].
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purpose. Passive erbium fibers have been used in combination with the SRS-
based random fiber laser configurations to extend the working range of remotely
pumped erbium-doped fiber (EDF) to the L band [89]. Further, pumped EDF has
been used in the configuration of random fiber lasers to decrease the
generation threshold: 50 km of conventional SMF fiber was used to accumulate
DFB, which was amplified by the meters-long erbium fiber [90,91]. More re-
cently, Zhang et al. [92] studied a combined Raman–erbium-gain-based random
fiber laser by incorporating a bidirectionally pumped erbium fiber at the central
point of a random fiber laser. The erbium gain lowered the lasing threshold,
while the SRS gain allowed for higher power outputs of the order of 100 mW.
Competition effects between the two gain mechanisms were also reported.

Multiwavelength generation can be also obtained in random fiber lasers based on
combination of gain mechanisms. An erbium–Raman-gain-based multiwave-
length random fiber laser was demonstrated by Huang et al. [93], who employed
a chirped grating on the pump end for broadband reflection and a 50 km span of
passive SMF for DFB. The number of comb lines was limited by the grating
bandwidth. A combination of SBS and erbium gain can be used to obtain
Brillouin comb generation in random fiber lasers [93–96]. For example,
Mamdoohi et al. [94] demonstrated a 28 nm span of Brillouin comb interspaced
by 20 GHz in a configuration employing a span of DCF fiber, followed by a
30 cm long highly doped bismuth oxide erbium fiber. The erbium fiber was
pumped by the undepleted pump from the DCF fiber, which then amplified the
resulting Brillouin cascades. While the output characteristics highly depended
on the values of pump power used for the different components, this configu-
ration resulted in much better noise performance, leading to an OSNR of 28 dB.

In the above configurations, random lasing was realized by making use of the
intrinsic randomness of the fiber medium. It is also possible to artificially in-
troduce randomness within the fiber medium in a controlled fashion, which
can in turn provide additional flexibility in tailoring the spectral properties of
random lasers. For example, it is known that gratings having randomly distrib-
uted phase shifts can exhibit extremely high-Q resonances [97,98]. In [97], light
propagation and localization in randomly spaced fiber gratings in a SMF were
studied both theoretically and experimentally. The light transmission was
measured after each additional grating fabrication and an exponential decay
characteristic for the localization theory was demonstrated. In [98], disorder-in-
duced resonances in randomly layered structures have been studied theoretically
and experimentally. An algorithm was proposed and developed for the detection
and characterization of the effective cavities that give rise to randomness-
induced resonances. It was shown in [98] that in an active, amplifying medium,
some of the cavities may host lasing modes and the ensemble of lasing cavities
may behave as DFB lasers. Artificially introduced randomly located resonant
Bragg reflectors (periodic gratings) in a fiber laser system led to typical random
lasing in which the resonances revealed themselves through the peaks
in the emission spectrum. Gagné and Kashyap [99] demonstrated a distributed
Raman fiber laser employing such a random fiber Bragg grating with a linewidth
of 430 kHz (Fig. 15). The scheme presented in [99] exploited randomly distrib-
uted phase shifts inside a record fiber meter long Bragg grating as a random
coherent feedback mechanism. The laser was pumped at 1480 nm and it emitted
a CW signal at 1576 nm. The spectral width is limited by the pump noise, and it
is believed that a much narrower linewidth is possible in principle [6]. In [6],
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a highly efficient Raman DFB fiber lasers with up to 1.6 W of continuous wave
output power was demonstrated. The DFB Bragg gratings of 30 cm length with
center π phase shifts were written directly into commercially available passive
germano-silica fibers, leading to a narrow linewidth of <0.01 nm at ∼1117 and
∼1109 nm. The results presented in [6] demonstrate the possibility of having
narrow-linewidth all-fiber laser sources in wavelength bands not traditionally
covered by rare-earth-doped silica fibers. Application of random (or quasi-
random) fiber gratings may lead to new opportunities for lasing and wave locali-
zation based on long structures with strong and broadband reflections [100].

Another methodology for controlling disorder is by way of colloidal suspension
of dye and scattering particles within a hollow-core fiber. In such a configura-
tion, the fiber provides the necessary confinement and directionality, while the
extent of disorder can be controlled by varying the parameters of the colloidal
suspension. Such a configuration was first demonstrated in [101]. The observed
spectrum was broad (∼10 nm), and this was attributed to an incoherent feedback
mechanism. More recently, coherent lasing was realized in similar configuration

Figure 15

(a) (b)

Random fiber Bragg grating based Raman fiber laser: (a) typical phase profile of
the grating and (b) linewidth of the lasing obtained using a simple end-pumped
configuration. Reprinted with permission from Ref. [99]. Copyright 2014
Optical Society of America.

Figure 16

Coherent lasing using a liquid-filled optical fiber. Figure 2(b) reprinted with
permission from Hu et al., “Coherent random fiber laser based on nanoparticles
scattering in the extremely weakly scattering regime,” Phys. Rev. Lett. 109,
253901 (2012) [102]. Copyright 2012 by the American Physical Society.
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by Hu et al. [102], where they used a suspension of polyhedral oligometric sil-
sesquioxanes (POSS) nanoparticles with the laser dye pyrromethene 597 in CS2
solution. Multimode lasing was observed near wavelengths of 600 nm, with typ-
ical linewidths of the order of 0.9 nm [Fig. 16(a)]. The onset of coherence was
attributed to the confinement effect of the waveguide itself, which increased the
probability of multiple scattering of the photons within the colloidal suspension.
More control over the lasing properties was obtained by embedding the dye and
the scattering nanoparticles in a polymer optical fiber in a bottom-up approach
[103,104]. More recently, a liquid-filled hollow fiber configuration was used
[105] to realize a plasmonic random laser, where they replaced the POSS
scattering centers with gold nanoparticles.

3.3. Temporal Dynamics and Statistical Properties

The temporal and statistical properties of laser radiation can be important both
for understanding the physical background of the operational mechanism and
real-life applications. Here we describe recent experimental efforts to measure
temporal and statistical properties of random DFB fiber lasers.

In general, it is known that the random DFB fiber laser is a source of CW radi-
ation: the intensity dynamics of its radiation is almost constant on a millisecond
time scale [26]. Such CW output power could be internally modulated by incor-
porating into the cavity an electro-optical modulator placed into the loop mirror
[106]. The modulator has been operated at frequencies up to 500 MHz. As a
result, the CW output of the random fiber laser is well- modulated at the same
frequency (Fig. 17). Note that the modulation is well-pronounced and synchro-
nous on both ends of the fiber (point A is located near the modulator, and point C
is located at the far fiber end). The amount of noise at the laser output (at point C)
is higher than the noise level near the modulator. The measured extinction
ratio of the modulated random laser is 4 dB higher than the extinction ratio
of the modulator used. Note that no fast time fluctuation is resolved in this figure
because of the limited bandwidth of the measurement equipment.

Figure 17

Modulated CW output of the random DFB fiber laser incorporating an electro-
optical modulator. Reprinted with permission from [106]. Copyright 2013
Optical Society of America.
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Furthermore, in a recent paper [107], slow self-oscillations of the output inten-
sity of a random DFB fiber laser are observed at pump powers above the gen-
eration threshold of the second Stokes wave (Fig. 18). The pulses are observed in
the time dynamics of both the first and second Stokes waves. The authors use the
well-known power balance model to describe the observed temporal oscillations.
Note that the laser dynamics can be complex near the generation threshold of the
next Stokes component. For example, in [108], effects of on–off and multistate
intermittencies in a cascaded random fiber laser are experimentally studied near
the generation threshold of the second Stokes wave.

We have to also mention the influence of the random DFB via Rayleigh scatter-
ing on the temporal properties of a conventional laser with a cavity made from
point-based reflectors. For instance, it is known that cooperative RS-SBS
based lasers can be made to operate in a Q-switched regime, [109], delivering
nanosecond width pulses with peak powers of 1 kW. Similar passive Q switch-
ing was also observed in other experiments [110,111], and was explained as an
instability effect arising from the second cascade of the SBS [110]. More re-
cently, Rayleigh mediated Q switching was obtained in a thulium-based system,
giving rise to 20 ns, 50 mJ pulses in the 2 μm wavelength region [112].

Slow oscillations in the output power or the possibility of internally modulating
the laser output are not, however, related to intrinsic fast intensity fluctuations of
the intensity that should be present in the radiation of a random fiber laser.
Indeed, it is known that other types of CW lasers, in particular Raman fiber
lasers, which share with random DFB fiber lasers all key features except the
mode structure of the generation spectrum, are sources of quasi-CW radiation.
This means that despite a millisecond or microsecond time scale, the radiation is
CW, and fast intensity fluctuations with a typical time scale inversely propor-
tional to the spectral width exist. So a typical width of 1 nm gives a fluctuation
time of about 10 ps. The existence of such fast intensity fluctuations has been
experimentally demonstrated in a recent paper [113]. In this paper, the output
radiation of the random DFB fiber laser was measured with the help of a
real-time oscilloscope with a total bandwidth of 33 GHz (this corresponds to
the typical time of 30 ps). It was found that the output radiation of the random
DFB fiber laser indeed exhibits substantial fast intensity fluctuations (Fig. 19).

Figure 18
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Self-pulsing behavior of the random DFB fiber laser generating simultaneously
first (at 1173 nm) and second (at 1237 nm) Stokes waves. Copyright 2014 IEEE.
Reprinted, with permission, from Zhang et al., IEEE Photon. Technol. Lett. 26,
1605–1608 (2014) [107].
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Experimental measurements of real-time intensity fluctuations allows one to ad-
dress one more fundamental issue—statistical properties of the radiation. Indeed,
the wide generation spectrum should lead to fast intensity fluctuations if the
different spectral components are generated independently and there are no
(or weak) phase relations between them. If phases of different spectral compo-
nents are correlated in some way, this can lead to generation of either stable or
unstable pulses, and eventually lead to mode locking. It could, conversely, lead
to suppression of intensity fluctuations and formation of a so-called laminar state
[114] of laser generation, in contrast to turbulent generation; see, for example,
recent reviews [115] and further works [116]. Phase correlations could be re-
vealed in measurements of statistical properties of the radiation, so the temporal
and statistical properties of the radiation should be studied simultaneously.

In general, statistical properties of fiber-based systems have attracted a great deal
of attention that began from the famous demonstration of optical rogue waves
[117]. Since then, the field has grown rapidly, and extreme events have been
observed in many systems, including Raman fiber lasers [118–120] and
Raman fiber amplifiers [121]. One can find an extensive review of the field in
recent works [122–124]. Further, statistical properties of quasi-CW fiber lasers
(to which class random DFB fiber lasers belong) have also been studied in the
context of whether or not their statistics deviate from the Gaussian and what are
the reasons for such deviations [125–128]. Special measures to ensure that the
statistics of the output radiation of CW fiber lasers are Gaussian are required in
experimental studies of wave turbulence in optics; see, for example, [115,129].

Experimental measurements of statistical properties of fiber-based sources are not
easy to perform as the optical bandwidth is usually hundreds of gigahertz (total
spectral width is around a few nanometer), which is much larger than the elec-
trical bandwidth of the measurement equipment (limited to 30–60 GHz). This
results in the fact that experimentally measured statistical properties are influ-
enced by measurement procedures, which could lead to incorrect physical con-
clusions about the statistical properties of the signal under study. One way to
overcome this problem is to pre-filter the signal to decrease its optical bandwidth
down the value of a few gigahertz [119]. However, in this way, only the statistical
properties of a part of the radiation is studied (at those frequencies at which the
filter is located). However, it is known that the statistical properties of different
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parts of the spectrum could be different, and differ, as well, from the statistical
properties of the total signal, [118,119,126]. This challenge should be met while
experimentally investigating statistical properties of random fiber lasers.

A general technique for how to reveal the statistical properties of the radiation in
experimental conditions of limited electrical bandwidth was recently presented
in [130]. Measurement with limited oscilloscope bandwidth results in cutting off
frequencies higher than some maximum frequency. The influence of measure-
ment procedure on the properties of an ideal signal with Gaussian statistics can
be tracked in numerical modeling by applying a spectral filter over the radio-
frequency spectrum of the modeled signal. As a result of filtering, the intensity
probability density function (PDF) slope increases rapidly while bandwidth is
reduced [Fig. 20(a)]. The reason for this is that events of extreme intensities are
averaged out in the bandwidth limited measurements of time traces. The back-
ground level of the intensity autocorrelation function (ACF) is increased from
the level of 0.5 (Gaussian statistics), while the measurement bandwidth is
decreased [Fig. 20(b)]. Indeed, small values of E∕S lead to substantial averaging
of the fast intensity fluctuations, as seen in Fig. 20(a), which results in increasing
the level of intensity ACF [Fig. 20(b)]. In the limiting case of E∕S � 0,
the intensity PDF should have the form of a δ-function centered at I � hIi
as there will be no fluctuations. Consequently, the intensity ACF for such a
measured signal will have a background level of 1. A similar approach was used
in a recent paper to characterize statistical properties of turbulent-like fiber-optic
systems [116].

It is important that the behavior of the intensity PDF and ACF are universal if
plotted over the dimensionless parameter (a ratio of electrical to optical band-
widths, E∕S). The intensity PDF slope and the level of the intensity ACF func-
tion take some distinct values for each E∕S ratio if the statistics of the signal
under study are Gaussian. This allows directly revealing in experiments if the
statistics of the studied signal are Gaussian or not.

The first experimental measurements of the statistical properties of a random
DFB fiber laser using the described procedure were reported in [113]. The
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measured intensity PDF has a nonexponential shape; see Fig. 21. Despite the fact
that measurements were bandwidth limited (i.e., the bandwidth of the measure-
ment equipment was smaller than the actual optical bandwidth of the signal), it
was found that the radiation statistics of the studied random DFB fiber laser
deviates from the Gaussian, as dependence of the PDF slope does not coincide
with that predicted for Gaussian statistics [Fig. 21]. At high powers, the intensity
PDF of the random DFB fiber laser is narrower than predicted for Gaussian
statistics as the PDF slope has lower levels than predicted. At low power,
the intensity PDF is broader than for Gaussian statistics. Note that further
extensive experimental studies are required to reveal if the statistics are
Gaussian or not in different configurations of random DFB fiber lasers as
statistical properties could depend on the fiber parameters, laser length, etc.

4. Theoretical Description of Spectral Properties of
Random Fiber Lasers

4.1. Linear Spectral Narrowing Near the Generation
Threshold

4.1a. Numerical Simulation of Spectral Narrowing within the
Modified Power Balance Model

Theoretical description of the spectral properties of random fiber lasers is a chal-
lenging task. In this section we review recent efforts devoted to theoretically
describing the spectral properties of random fiber lasers.

Only a few works have so far been devoted to theoretical description of the
spectral properties of random DFB fiber lasers. Most of these works present
results of the numerical modeling of spectral performance. The simplest model
of the random fiber laser is the power balance model, which describes the aver-
age power performance, such as generation threshold, output power value, gen-
eration efficiency and its optimization, and the longitudinal distribution of the
power generated along the fiber length [48]. Results of the description of power
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performance of random DFB fiber laser are summarized in a review [26]. To
describe the spectral and temporal properties of the class of quasi-CW fiber
lasers to which random DFB fiber lasers belong, NLSE-based models are usu-
ally used. Within NLSE-based models, the spectral properties of various types of
quasi-CW fiber sources can be described, such as ytterbium-doped fiber lasers
[131] and Raman fiber lasers [126,127]. Recently, the NLSE-based model
has also been applied for description of the temporal and spectral properties
of random DFB fiber lasers [44].

The nature of NLSE-based models is simultaneous taking into account all major
effects in optical fibers, such as gain, loss, dispersion (including high-order
dispersion coefficients), and nonlinearity. As a result, precise description of
the observed properties of the radiation can be performed, but results often lack
a physical understanding of concurrent processes. This is the case of random
DFB fiber lasers, where, obviously, physical processes of very different natures
take place at different power levels. Indeed, the generation spectrum starts to be
gradually narrower while pump power increases, but then the spectral narrowing
is changed to the well pronounced spectral broadening [Fig. 6(b)]. Simpler mod-
els allow distinguishing different processes and provide insight behind the dif-
ferent regimes of operation of random fiber lasers.

The power balance model [Eqs. (1)] is such a simple tool, as it does not take into
account anything except gain and losses, i.e., dispersion and nonlinearity are not
considered within this model. However, it also does not take into account any
spectral properties, as the gain is spectrally independent in the power balance
model. The challenge of describing the spectral properties of a random fiber laser
within the modified power balance model is met in a recent paper [43]. In this
paper, the power balance model is rewritten in terms of spectral power densities,
instead of integral (over spectrum) powers, and the spectral dependence of the
Raman gain is taken into account, as well as the spectrally dependent sponta-
neous Raman scattering. This allows clear description of the initial stage of the
formation of the random fiber laser generation spectrum (at low pump power),
i.e., to describe how the random laser comes to be different from the amplified
spontaneous emission (ASE) source at low pump and generation power. This
can be tracked by spectral narrowing of the generation of the random laser start-
ing from the initial broad gain profile.

The spectral properties of radiation of a random DFB fiber laser could be taken
into account by modifying the power balance model [Eqs. (1)] in the following
way: spectral power densities Iω � dI∕dω are used instead of total powers I , the
spectral dependence of the Raman gain is taken into account gR → g�ω�, and
terms corresponding to spontaneous Raman scattering are added to the equa-
tions. The resulted model reads

� dP�

dz
� −αpP

�
−

ωp

ωs
P�

�Z
g�ω��I−ω � I�ω �dω� 4ℏωs

�
; (2a)

� dI�ω
dz

� −αsI
�
ω � g�ω��P� � P−��I�ω � 2ℏωs� � εI�ω : (2b)

Here, Iω denotes the spectral power density of the Stokes wave, ωp;s are central
frequencies of the pump and Stokes waves, ω is the detuning of the generation
frequency from ωs, and ℏ is the reduced Planck constant.
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The spectrally dependent power balance equation set [Eqs. (1)] does not include
any nonlinear effects, so it is capable of describing the spectral properties of the
random fiber laser only on a linear stage when nonlinear effects are negligible.
The influence of nonlinearity will be described further in Section 4.2.

It is assumed that the pump wave is depleted by some number of Stokes waves
generated at different frequencies within the Raman gain profile, and different
generation frequency components are generated independently. This means that
Eq. (2b) is effectively the set of independent equations on the intensity of each
generated spectral component at each frequency (the frequency discretization
depends on the desired accuracy of the calculation of the optical spectrum
over frequency). Note that, in the initial power balance model [Eqs. (1)], the
generation wave is assumed to have a linewidth much narrower than the
Raman gain bandwidth. Indeed, the generation spectrum is about 1 order of mag-
nitude narrower (typical spectral width of the order of 1 nm) than the Raman
gain spectral profile (typical spectral width of the order of 10 nm).

The power balance model does not include the Kerr nonlinear coefficient, so it
cannot describe nonlinear effects such as four-wave-mixing inside the Stokes
wave spectrum or cross-phase modulation between the pump and the Stokes
waves. Meanwhile, it is well known that nonlinear broadening is a crucial factor
in determining the spectral shape of the generation in conventional Raman fiber
lasers [132–134], and spectral broadening is also observed in random fiber
lasers; see Fig. 6(b). So only the region of the pump power under and near
the generation threshold where nonlinearity is not important should be consid-
ered within the spectral power balance model.

Although the generation spectrum can be found by calculating the full set in
Eqs. (2), the simpler approach can be implemented because generation inten-
sities at different frequencies are coupled to the same pump wave and can
be found if the pump wave longitudinal distribution P�z� is known [135]. To
find the pump power distribution, one can use the spectrally independent power
balance model [Eqs. (1)]. Pump power distribution P�z� found from Eqs. (1) can
be further used in Eq. (2b) to find the generation spectrum shape, I�ω� [135].
This can be done under the assumption that the total generation power is small,
and that the redistribution of the generated power over the spectrum [from single
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frequency in Eqs. (1) to multiple frequency components in Eq. (2b)] does not
change substantially the pump wave longitudinal distribution.

The results of spectral modeling for different pump powers for a single-arm laser
operating at 1550 nm are shown in Fig. 22(a) (from [43]). For small pump
powers, only the broadband spectrum corresponding to ASE is generated.
With a pump power increase, the spectrum of the ASE gradually narrows, dem-
onstrating the superluminescent regime. However, after a certain pump power
level, the output spectrum narrows abruptly [Fig. 22(b)]. At the same time, the
total generated Stokes power found as

R
I−ωdω starts to grow. Thus, this is a

generation threshold. Above the threshold, the generation spectrum has the form
of a distinct well-pronounced single peak situated at the maximum of the Raman
amplification profile [Fig. 22(a)]. While the pump power increases above the
generation threshold, the spectrum becomes further narrower, in qualitative
agreement with experimental observations [Fig. 6(b)]. Note the difference be-
tween the linewidth of the random fiber laser and the source of ASE (the power
of the ASE source can be calculated within the same model if the backscattering
coefficient, ε, is set to zero) [Fig. 22(b)].

Thus, a simple approach based on the modified power balance model provides
insight on the initial stage of the formation of the random fiber laser’s generation
spectrum and qualitatively describes the spectrum narrowing above the gener-
ation threshold. In particular, one can trace how the spectrum acquires its spec-
tral shape by starting from the initial gain spectrum, and how the power and
spectral properties of a fiber laser based on random feedback are different from
those of an ASE source without any feedback.

Note that a similar approach can be used for a random fiber laser based on an
alternative gain mechanism. In this way, the spectrum of a hybrid EDF–Raman-
gain-based random fiber laser has been numerically calculated in a qualitative
way in [93]. To calculate the spectrum of such a laser, the power balance model
for Raman gain should be combined with a model of EDF gain based on the
propagation and rate equations of a homogeneous, two-level active
medium [136].

4.1b. Spectral Narrowing within the Modified Schawlow–Townes
Approach

In general, it is common knowledge in laser physics that the lasing spectrum
becomes narrower while the pump power increases inversely proportional to
the power [137]. In their seminal paper, Schawlow and Townes used simple
considerations that, in fact, are very similar to those used in the modified power
balance model. For a random fiber laser, the modified Schawlow–Townes
approach could also be used to describe the spectral narrowing of the generated
radiation near the generation threshold of a random fiber laser. Further, we
follow the description from [138].

One can substantially simplify the spectral power balance model [Eq. (2b)], and
gain analytical insight into the processes of spectral narrowing near the gener-
ation threshold. Indeed, just below and near the generation threshold, the gen-
eration power is very low, so one could omit the influence of the generation
wave on pump wave depletion. In this case, the longitudinal distribution of
the pump wave takes the simple exponential form defined by the linear losses
for the pump wave: P�z� � P0 exp�−αpz�. The following derivation is applied
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for a random laser configuration with a pump wave propagating toward an
output (see [26] for description of different laser schemes), and for the case
αpL ≪ 1, that means uniform distribution of pump power P�z� ∼ P�z �
0� � P. Here L is the laser length.

For the strong generation wave propagating toward the output, the correspond-
ing power balance equation takes a simple form if one neglects Rayleigh back-
scattering from the backward propagating generation wave εI−ω, as it has a small
impact because of small intensity of the backward generation wave I−ω:

dI�ω
dz

� �g�ω�P − αs�I�ω � 2 g�ω�Pℏωs: (3)

Here, ωs is carrier angular frequency. In this assumption, the forward propagat-
ing generation wave exponentially grows: I�ω �z� � Ioutω e�g�ω�P−αs��z−L�.

The power balance equation for the backward wave I−ω propagating from the
output has the form

−

dI−ω
dz

� �g�ω�P − αs�I−ω � 2 g�ω�ℏωs � εI�ω : (4)

We remind the reader that frequency ω is the frequency detuning from the center
of the gain profile.

With appropriate boundary conditions, I−ω�L� � I�ω �L�, for a backward pumping
scheme, (see [138]) the output generation spectrum of the random distributed
fiber laser near generation threshold is derived:

Ioutω � 4ℏωs
g�ω�P�e�g�ω�P−αs�L − 1�

g�ω�P − αs

e�g�ω�P−αs�L � 1

1 − ε�e2�g�ω�P−αs�L−1�
2�g�ω�P−αs�

. (5)

Taking a specific shape of the Raman gain spectral profile, one can calculate
from Eq. (5) the resulting shape of the random fiber laser’s generation spectrum.
Results of calculation in the case of a Raman gain profile presented in the form
of a Lorentzian function with width ΓR, i.e., g�Δω� � gR∕�1� �Δω2∕Γ2

R��, are
shown in Fig. 23(a). The spectrum becomes gradually narrower while the pump
power increases. The spectral narrowing law is different well below the
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generation threshold and above the generation threshold [Fig. 23(b)]. Above the
threshold, the spectrum becomes narrower in a manner that is inversely propor-
tional to the generation power, similar to the Schawlow–Townes law [137]. In
this way, the approach of Schawlow and Townes is extended to the case of the
random fiber laser. The numeric results were verified with experimental data
[Fig. 23(b)] [138].

4.2. Nonlinear Kinetic Spectral Broadening

4.2a. Principles of the Wave Kinetic Approach in Application for
Random Fiber Lasers

Previously, we have described the ultimate power properties of random fiber
lasers within the simplest power balance equation set [Eqs. (1)], which does
not take into account nonlinearity or spectral properties. Then, in the previous
section, the narrowing of the generation spectrum of the random DFB fiber laser
is shown within the linear spectrally dependent model. However, at high power,
the nonlinearity starts to play an important role and the spectrum exhibits broad-
ening [Fig. 6(b)]. Here we provide a description of the spectral properties of the
random fiber laser within nonlinear theory.

Very recently, in [138], the spectrum of the random fiber laser was described by
nonlinear kinetic theory derived within a general approach of active cyclic wave
kinetics. Here we will overview this approach and highlight the most important
steps relative to the description of the random fiber laser’s generation spectrum.

It is well established in optics that the system properties can be described in a
dynamical way by means of the NLSE. The NLSE describes the evolution of the
envelope of the generation electromagnetic field, ψ , over coordinate z within
the fiber, at 0 < z < L. Here L denotes the length of the random fiber laser.
The equation for the generation wave propagating in the fiber to the right is

i�∂z − ĝ∕2�ψ � β

2
∂2t ψ � γψ jψ j2; (6)

in which t stands for time, γ is the Kerr nonlinear coefficient, and β is the quad-
ratic dispersion coefficient. The noise is neglected. The effective gain operator ĝ
is defined by the balance of gain and optical losses and is frequency dependent.
The spectral dependence of the gain coefficient is approximated by parabolic
law for simplicity:

ĝ�ω� � gRP�z� − α − aP�z�ω2: (7)

Here gR is the Raman gain coefficient, P�z� is the power of the pumping wave, α
is the linear losses in the fiber on the generation wavelength, and a defines gain
spectral shape.

It has been recently shown that the generation properties of random DFB fiber
lasers can be numerically modeled within a NLSE-based approach [44].
However, it is difficult to gain analytical insight from the NLSE about the gen-
eration spectrum shape and functional dependence of the spectral width on
parameters of the random laser. An analytical approach is highly desirable.
The random fiber laser belongs to the class of optical systems for which the
spectral properties are defined by a large ensemble of nonlinearly interacting
light waves. Such systems are natural objects not for dynamic description within

Advances in Optics and Photonics 7, 516–569 (2015) doi:10.1364/AOP.7.000516 545



the NLSE, but for a statistical description. The statistical wave kinetic approach
(known in some contexts as wave turbulence [139]) is used in a range of physical
applications varying from Bose–Einstein condensates to astrophysics [140].
Traditional wave kinetics describes the slow evolution of systems with many
degrees of freedom to equilibrium via numerous weakly nonlinear interactions.
In its classical form, wave kinetics has recently been successfully applied to
conservative nonlinear optical systems; see a recent review in [115]. The wave
kinetic approach could provide a straightforward description of the spectrum of
the optical system, as the optical spectrum Iω is in its essence the correlation
function directly described by the wave kinetic equation.

However, random fiber lasers cannot be directly described within the wave
kinetic approach. Indeed, there is homogeneous dissipation and amplification
over the fiber length, i.e., nonhomogeneity over the evolution coordinate (in
terms of the wave kinetic approach). A classical wave kinetic description of such
dissipative (active) systems with nonhomogeneous evolution is impossible.
A conceptually new formalism for description of such systems—wave kinetics
of active cyclic systems—is introduced in [138].

In active cyclic systems, as in any laser, including random fiber lasers, the energy
pumping (through optical gain) and energy dumping (through optical losses, in
particular on the output mirror of the laser cavity) act in a periodic way as the light
is trapped within the laser cavity making the round-trip there. The resulting dy-
namics of the optical spectrum has a cycling nature and exhibits double-scale
evolution. Indeed, the generation spectrum could be strongly reshaped during
propagation over the fiber (i.e., within each cycle) because of optical gain and
optical losses. At the same time, on another time scale—cavity round-trip
time—the generation spectrum is subject to only incremental changes (from
one round trip to another round trip), if the laser operates in the stationary regime
(i.e., the initial process of radiation onset after switching the pump on has settled
down). Classical wave kinetics cannot deal with systems that include double-scale
evolution, i.e., the generation spectrum of lasers cannot be described in a kinetic
way. However, paper [138] meets this challenge and presents an approach to the
wave kinetics of active cyclic systems that allows description of the spectrum of
lasers, including random fiber lasers. To do that, the so-called local wave kinetic
equation should be derived. This equation governs the evolution of the generation
spectrum and its solution provides an equilibrium shape of the spectrum.

The special case of a short random fiber laser with backward pumping is con-
sidered in [138]. This means that the power of the generation wave increases
rapidly in the small region near the output fiber end; see [26]. Thus, backscatter-
ing is most effective only near the fiber end as the backscattering intensity is
proportional to the intensity of the generated wave. That is why the reflection
could be treated as point-based reflection, and boundary conditions that couple
the generation wave ψ�, propagating to the right, with generation wave ψ

−

,
propagating to the left, have the form of ψ� � R̂�ω�ψ

−

.

The essence of the wave kinetic approach is to describe not the evolution of the
complex wave amplitude ψ as in the dynamical NLSE model, but to describe the
evolution of a statistical quantity, i.e., of the correlation function defined as

hψ�z; t1 � t�ψ ⋆�z; t1�i �
Z

dω

2π
exp�−iωt�I�z;ω�; (8)
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where angle brackets denote averaging over z larger than the dispersion length
Ld � 1∕�βΔ2�, where Δ is the characteristic width of the wave spectrum.

Note that the optical spectrum directly measured in an experiment is the same
Fourier transform of the correlation function, i.e., the wave kinetic equation
directly governs the evolution of the optical spectrum over the fiber length
and defines the generation spectrum shape.

The boundary conditions for the optical spectrum can be rewritten as

I�0;ω� � jR�ω�j2I�L;ω� (9)

for the generation wave propagating to the right. This condition relates values of
the correlation function I taken at different ends of the fiber.

As a next step one can derive the wave kinetic equation on correlation function
Iω under the assumption that there are numerous nonlinearly interacting waves
with random phases. Extensive technical details can be found in [138,141]. Here
we provide key assumptions under which analytical insight into the generation
spectrum of a random fiber laser can be gained.

It is assumed that the generation spectrum of a random laser should be narrower
than the gain profile, i.e., aPΔ2 ≪ g0, where Δ is spectral width.

It is important that Gaussian statistics of the fluctuations of the field ψ are
assumed. As it has been shown in Section 3.3, the statistical properties of real
random DFB fiber lasers could deviate from Gaussian. This could lead to
deviations of theoretically predicted spectral properties from experimentally ob-
served in such systems.

Under the listed assumptions, the following generalized local wave kinetic equa-
tion describing the evolution of the generation spectrum of a random fiber laser
can be derived:

�∂z − g0 � aPω2�Iω
� 4γ2

Z
dω1dω2dω3

�2π�2 δ�ω� ω1 − ω2 − ω3�

×
g0

g20 �
h
β
2
�ω2 � ω2

1 − ω2
2 − ω2

3�
i
2
�IωI2I3 � I1I2I3 − IωI1I2 − IωI1I3	: (10)

Here, Iω � I�z;ω�, I i � I�z;ωi�. We remind the reader that ω is frequency
detuning from the central wavelength ωs.

In Eq. (10), the left-hand side term describes a linear process of spectral narrow-
ing because of the wavelength dependence of ĝ�ω�. The right-hand term is the
nonlinear interaction between different spectral components Iω, I1, I2, I3.
Note that integration of Eq. (10) over frequency ω for obtaining total power
I � R

Iωdω results in vanishing of the right-hand side term, as it does not alter
the total power but redistributes the power among different wavelengths.

Note that a process of gain saturation should be included in the model to find
solution Iω above the threshold. In a Raman fiber laser, gain saturates above
threshold because of pump P�z� depletion and because of spectral broadening,
which decreases an effective gain geff averaged over the generation spectrum.
Although one approach is to consider evolution of the pump wave and introduce
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the geff into the model, these effects can also be taken into account by involving
additional single parameter η�P�, which defines the difference between unde-
pleted integral gain exp�R L

0 dzg0�P�� (which is equal to losses at the threshold)
and the actual one:

jR�ω�j2 exp

�Z
L

0

dzg0�P�
�

� 1� η�P�: (11)

Within this notation and in the case of small nonlinearity γI ≪ βΔ2, the wave
kinetic equation describing the shape of the random fiber laser’s generation
spectrum takes the form

�η −Aω2�Iω � 2γ2
Z

dω1dω2dω3

�2π�2 δ�ω� ω1 − ω2 − ω3�

×
1

g20 �
h
β
2
�ω2 � ω2

1 − ω2
2 − ω2

3�
i
2
�IωI2I3 � I1I2I3 − IωI1I2 − IωI1I3	 � 0;

(12)

in which all functions are taken at z � L and A � R
L
0 dzaP. Integrating Eq. (12)

over ω gives simple relationAΔ2 � η. From the other hand, total output power I
can be also determined through η. This makes possible defining saturation
parameter η�P� from experiment.

Nondimensionalization of Eq. (12) gives only a parameter of the ratio between
gain and dispersion, λ � 2g0P∕βΔ2. Thus, a stationary spectrum shape of the
random DFB fiber laser depends only on the value of parameter λ (Fig. 24). At
small λ, the shape of most of the spectrum (down to the value of −20 dB relative
to the spectral power density in the maximum) is close to Gaussian shape,
exp�−ω2� [Fig. 25(a)]. However, the far spectral tails at large detunings from
the spectrum center have different asymptotics—they are exponential,
exp�−Θjωj�. Note that the case of small λ does not directly correspond to
the case of small total gain (i.e., small pump power), as parameter λ comprises
the spectral width Δ in its denominator. It should also be noted that at small gain
(power), the spectrum shape is strongly influenced by processes of linear kinetic

Figure 24
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spectral narrowing; see Section 4.1. So proper experimental observations of an
almost Gaussian spectrum should be done in a random fiber laser made of a fiber
with large dispersion coefficient β under high pump power.

At large values of parameter λ, which corresponds to the limiting case of the
small dispersion, λ → ∞, the generation spectrum has a very different spectral
shape. Indeed, in this case, one can analytically solve the wave kinetic equation
[Eq. (12)] and find that the generation spectrum has the shape of a hyperbolic
secant, sech�ω�; see [138] for technical details.

The limiting case of the hyperbolic secant shape is valid only within the approxi-
mation of the parabolic Raman gain [Fig. 25(b)]. In the case of another spectral
shape of the gain profile, the resulting spectrum shape of the generation spec-
trum will be different. However, in the limit of large dispersion, the shape of the
spectral top does not depend on the shape of the gain profile: the top of the
spectrum always has a parabolic shape (but of different width) [Fig. 25(a)].
Note that the spectral wings could have different slopes in the case of different
gain profiles.

It should be noted that a similar hyperbolic secant spectrum shape was exper-
imentally observed and theoretically introduced in a phenomenological way in
the limiting case of dispersion much larger than nonlinearity for a conventional
Raman fiber laser with a cavity based on point-like mirrors [132]. The fact that
the hyperbolic secant spectrum shape of a laser with conventional cavity design
[132] coincides with the spectrum shape derived for a very different system
(a random fiber laser with no cavity of fixed length) is intriguing and should
be further investigated.

4.2b. Experimental Verification of Nonlinear Kinetic Theory
Predictions

To experimentally check the predictions of the nonlinear kinetic theory of spec-
tral broadening and linear kinetic theory of spectral narrowing, a specific exper-
imental setup was designed in [138]. The random DFB fiber laser is designed to
have a short length of only 850 m. Phosphosilicate fiber was used because it has
a single Raman gain peak with a spectral shape close to parabolic (of full width

Figure 25
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at half-maximum of about 8 nm). Note that because of the short laser length, the
generation wave’s intensity increases almost exponentially toward the fiber
length, so the main contribution to the backscattered wave occurs near the fiber
end. An important assumption of nonlinear kinetic theory, that the feedback is
provided by an effective point-based reflector, is fulfilled in experimental con-
ditions of a short random fiber laser.

To get a theoretical prediction of the generated spectrum shape and width from
the nonlinear kinetic theory, one should define all parameters used in the theo-
retical description, namely, the shape of the gain profile, the dispersion coeffi-
cient, the nonlinear coefficient and, finally, the dependence of parameter η over
power. To find experimentally the dependence η�P� we use the experimentally
measured generated power dependence over the pump power, I�P�. The wave
kinetic equation [Eq. (12)] is numerically solved by an iterative procedure: the
numerical value of the generation power I is calculated at different values of η at
every fixed pump power value P; the value of η is varied in order to achieve
coincidence of calculated and measured values of generated power I . In this
way, the dependence η is found from experimental data. This dependence is
further used in calculations of the generated spectrum, I�ω�, and its width over
the pump power, Δ�P�.
High above the generation threshold, the spectral shapes measured and calcu-
lated within the nonlinear kinetic theory agree well [Fig. 26(a)]. The description
of the spectral broadening law is good, as well, at high power [Fig. 26(b), blue
dashed line]. However, one should take into account both nonlinear spectral
broadening and linear spectral narrowing. The sum of linear and nonlinear terms
describes well the experimentally measured laser spectrum width in the entire
power range [Fig. 26(b), red line].

Thus, the spectrum of the random fiber laser can be quantitatively described
within the nonlinear kinetic theory that takes into account the nonlinear inter-
action between different spectral components generated in a random fiber laser.

Figure 26
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5. Applications

5.1. Random Fiber Laser for Telecommunication
Applications

Random lasing can be realized in a long-distance fiber span, making it intrinsi-
cally suitable for distributed Raman amplification. Apart from advantages such
as good stability and simple technical design, random-fiber-laser-based distrib-
uted Raman amplification with forward pumping possesses a lower effective
noise figure compared to conventional bidirectional Raman amplification. In
[142], the random fiber laser is used as a pump source in a forward-pumped
distributed amplifier, which results in larger averaged gain and gain fluctuations.
The effective noise figure of the forward-pumped configurations is lower than
that for the bidirectional first-order pumping by ∼2.3 dB, and lower than that of
bidirectional second-order pumping by ∼1.3 dB at transparency transmission
[Fig. 27]. The unique feature of random lasing amplification has provided a
new approach to enhance the performance of long-distance distributed fiber
sensing, and it can also be directly implemented in long-haul optical commu-
nication systems.

One of the main drawbacks in telecommunication distributed Raman amplifiers
is the relative intensity noise (RIN) transfer, as it results in additional noise aris-
ing at signal wavelength. For possible telecom applications of random fiber
lasers, a numerical study of the RIN transfer function in a forward-pumped ran-
dom fiber laser was performed in [143]. To do this, the power balance model in
Eqs. (1) is expanded with equations for the spectral density of the noise intensity
for the pump and the Stokes waves. The RIN transfer function was calculated for
different pump powers and fiber lengths. It was shown that the noise transfer
decreases while the random laser cavity length or the pump power increases. The
authors compared RIN transfer properties of a 100 km long random fiber laser
with those for a 100 km long Raman fiber laser with a conventional fiber Bragg
grating (FBG)-based cavity (Fig. 28). The averaged level of the RIN transfer
function was found to be similar in the two lasers. However, in the case of
the modeless random fiber laser, there are no oscillations in the noise transfer
function. Note that, in a conventional Raman fiber laser, the frequency noise
originates not only from the beating of the distinct longitudinal modes of the
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laser cavity, but also from the pump-to-Stokes wave noise transfer [144]. The
dumping of the oscillations in a random fiber laser could play a positive role in
applications of random fiber lasers for distributed amplification.

Quite opposite from intuitive expectations, random fiber lasers can have noise
performances that are, in some cases, superior to commercially available cavity-
based solutions. Saxena et al. [145] recently showed that Rayleigh feedback
actually suppresses noise at higher frequencies.

This was attributed to the fact that the frequency noise spectrum density arising
out of multiple Rayleigh reflections was, in fact, a Lorentzian, which overlaps
the original frequency noise of the cavity. A similar improvement in noise per-
formance was also noted in a bidirectionally pumped Brillouin random laser [76]
and in a tunable ring fiber laser based on a random fiber Bragg grating [146], as
shown in Fig. 29. The realization of such low-noise narrow-linewidth sources
utilizing such simple principles indeed is a promising aspect for a broad range of
sensing and interferometric applications.
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Figure 29

RIN level in different types of fiber lasers. The ring fiber laser incorporating a
10 cm long random fiber Bragg grating (red curve) compared with those of a
single-frequency laser (green curve). Reprinted with permission from Ref. [146].
Copyright 2014 Optical Society of America.
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Internally modulated random fiber lasers have a response function quite different
from those of lasers based on a conventional cavity. In conventional internally
modulated Raman fiber lasers, the length of the laser cavity distorts the analog
internal modulation and determines the repetition rate of generated pulses. In
random fiber lasers, the feedback does not correspond to a fixed length, so there
is no distortion of the modulating frequency or self-mode-locking effects [106].
The flat frequency behavior of the proposed randommirror laser is remarkable in
comparison to the periodic frequency response of the linear cavity (Fig. 30). An
internally modulated random fiber laser could be applied in time division fiber
optic sensor multiplexing systems as a source for interrogating a sensor array.

5.2. Random Fiber Laser as a Remote Point-Based
Sensing System

The generation spectrum of random DFB fiber lasers based on Raman gain is
broad and stable over environmental conditions [147]. So, to make a random
fiber laser that operates as a sensing system, one has to introduce some addi-
tional elements in the laser design. Indeed, as we have seen in Section 3.1, the
spectrum of a random fiber laser follows the spectral position and width of an
additional point-based spectral element. If the spectral properties of a point-
based reflector (such as a FBG) are subject to change under environmental con-
ditions, the generation spectrum of the random fiber laser will also be changed.
In this way, the random fiber laser can act as a sensing system.

This concept has been implemented in [147]. In that paper, random lasing is
achieved in a 100 km long fiber span via random DFB and reflection from
the FBG. Two different configurations were implemented: first- and second-
order lasing [Fig. 31(a)]. For the first-order regime, the laser is pumped by a
1365 nm source and a FBG sensor corresponding to the first-order Stokes wave-
length (1455 nm) is placed at the other end of the fiber span. For the second-
order regime, a 1455 nm FBG point mirror is placed at the pump side to facilitate
1455 nm lasing, while a 1560 nm FBG sensor is placed at the far end of the
fiber span. Temperature sensing was performed via measuring the temperature-
dependent wavelength shift of the random fiber laser generation spectrum
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measured at the pump side of the laser. The typical dependence of the generation
wavelength on the FBG temperature is shown in Fig. 31(b).

This scheme is attractive for practical applications for several reasons. First of
all, the sensing element is purely passive and far (beyond 100 km) from the
interrogator, which is a mandatory requirement for sensing in harsh environ-
ments. The next point is that the retrieval of the sensing parameter is in the wave-
length domain, which depends only on the Bragg wavelength of the FBG sensor,
making the system robust against degradation of the pump source or fiber span.
Finally, the OSNR of the lasing line can be as high as 20 and 35 dB for the first
order and the second order, respectively, suggesting that the ultimate limit of
such a sensing system can be significantly beyond 100 km. Therefore, the ther-
mal stability and the ultralong signal delivery make the RDFBL an accurate
remote sensing system.

A 200 km long point-sensing system has been realized within an approach sim-
ilar to that shown in Fig. 32. The OSNR values for the reflected sensing signals
vary from 17 dB in the best case to 10 dB in the worst case, because of the longer
length of the system [148]. The demonstrated temperature sensitivity amounts to
11.3 pm∕°C. Note that the system is multiwavelength, providing the possibility
of simultaneous sensing of the temperature at up to 11 points. This number can
be further increased, as a random fiber laser based on a set of 22 FBGs and
operated on up to 22 different wavelengths was demonstrated [55].

The types of point-based reflectors used in random-fiber-laser-based sensor sys-
tems can vary. In [149], a suspended-core Fabry–Perot interferometer is used at
the pump side of the random fiber laser [Fig. 33(a)]. Similar to an FBG, this
element acts as both the reflective mirror of the laser and the sensing element
for temperature sensing. Together with the broadband mirror created by multiple
Rayleigh scattering along the 2.4 km DCF, the Fabry–Perot interferometer
results in multiwavelength random lasing. The resulting temperature sensitivity

Figure 31
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is ∼6 pm∕°C, in a 50–200°C temperature range [Fig. 33(b)]. Similarly, if the
Fabry–Perot interferometer is replaced by a highly birefringent photonic-
crystal-fiber-based loop mirror, the random fiber laser can also be used for
temperature or strain sensing [59].

The concept of temperature-insensitive strain measurement via generation in a
random fiber laser was proposed in [150]. In that work, two FBGs were used as
sensing elements in the configuration of an 11 km long random fiber laser. The
laser consists of 1 km of DCF and 10 km of conventional telecom fiber. The
generation wavelength of the random fiber laser is defined by the spectral re-
sponse of the FBGs, which, in turn, could be tuned by temperature or strain
variations. It should be noted that a 10 km section of SMF between the DCF
and the FBGs can be considered as only a transmission medium, because no
pump light is present in it and its integral Rayleigh scattering is 3 orders of mag-
nitude smaller than the reflectivity of any FBG used. It has been demonstrated
that a random fiber laser operates at two different wavelengths simultaneously,
which makes possible and efficient four-wave mixing between these two lines in
a long fiber because of its low dispersion. As a result, the random fiber laser

Figure 33

Random-fiber-laser-based sensor system with a Fabry–Perot interferometer as
the sensing element. (a) Experimental setup. (b) Sensitivity of the generation
wavelength over the temperature. Reprinted with permission fromMartins et al.,
Appl. Phys. B 105, 957–960 (2011) [150]. Copyright 2011 AIP Publishing LLC.

Figure 32
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200 km long multipoint temperature sensor system based on a random fiber
laser. (a) Experimental setup. (b) Generation spectrum of the multiwavelength
signal used for temperature sensing. Copyright 2013 IEEE. Reprinted, with per-
mission, from Fernandez-Vallejo, IEEE Photon. Technol. Lett. 25, 1362–1364
(2013) [148].
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could be operated as a temperature-insensitive strain sensor, as both sensors have
the same sensitivity to temperature but only one of the FBGs is sensitive to
strain. The demonstrated strain sensitivity is around 2 pm∕με.

The distance at which the strain can be measured remotely could be increased.
For example, an ultralong remote point-sensing system has been demonstrated
as two forward-pumped random fiber lasers are connected together [151]: a fiber
loop mirror and a FBG are placed at different ends of the 300 km fiber span. The
system, if pumped by high-power 1455 nm Raman pump sources, lases at
around 1550 nm [Fig. 34(a)].

In this scheme, one random fiber laser operates via broadband reflection from
the fiber loop mirror and the random DFB from the fiber span, while another
random fiber laser is formed by the feedback from the FBG and the random
feedback from the fiber span. Note that there is no lasing defined by light re-
flection either from the loop mirror and the FBG forming the ultralong cavity.
Indeed, the system length—300 km—is longer than the limit of the length for a
linear-cavity Raman fiber laser at which the feedback between two point-based
mirrors can be established and can define the lasing properties. This limit was
found to be about 270 km [152]. If the length is greater than 270 km, the laser
operates via random DFB only, and point-based reflectors placed at different
ends of fiber the span cannot form the cavity.

In the 300 km long dual-wavelength random fiber laser, lasing from a FBG-
based laser was used for strain sensing, while lasing via a fiber loop mirror
was used as a reference signal. By measuring the output power ratio between
the two laser lines, the applied strain on the FBG can be retrieved with sensitivity
up to 9.0 · 10−6 με−1 [Fig. 34(b)]. Using of the random fiber laser provides four-
fold enhancement in sensitivity comparing with a 230 km long FBG sensor sys-
tem based on a high-speed swept-wavelength light source [153]. Although an
active device is needed near the sensing head in the case of a random fiber laser,
limiting its sensing applications, this work is a clear illustration that a slight
perturbation on the fiber end of a long random fiber laser makes noticeable
changes in the generation spectrum of the laser.

To date, all random-fiber-laser-based sensing systems incorporate some point-
reflector-based sensing elements. There has so far been no work about a purely
distributed random fiber laser as a sensing system. Nevertheless, it is already
interesting to see that in random fiber lasers of different pump and cavity
configurations, sensing performance can be vastly tailored.

Figure 34
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300 km long strain sensor system based on coupled random fiber lasers: (a) ex-
perimental setup and (b) results of strain measurement. Reprinted with permis-
sion from Ref. [151]. Copyright 2011 Optical Society of America.
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5.3. Random Fiber Laser for Applications in Distributed
Sensing

The concept of random-fiber-laser-based distributed amplification can be
combined with the concept of distributed sensing. As a proof-of-principle ex-
periment, a Brillouin optical time-domain analysis (BOTDA) reflectometer
incorporating a random fiber laser to increase the SNR was demonstrated in
[154]. This system allows continuous sensing of temperature over a 122 km
fiber span with �2 m spatial resolution and �14°C temperature accuracy.

Further extension of sensing distance is mainly restricted by the relatively high
pump power requirement (multiple-watt level typically) and detrimental nonlin-
ear effects. To address this issue, a hybrid pumping configuration was proposed
in [69]. The system is pumped by a low-noise laser-diode-based Raman fiber
laser that acts as a first-order Raman pump for the random fiber laser. This
allows increasing the OSNR value on the far end of the sensing system and
reaching a sensing length of 154.4 km with 5 m spatial resolution and �1.4°C
temperature accuracy [Fig. 35]. The demonstrated Brillouin optical time-domain
reflectometer has the longest repeaterless sensing range reported to date.

Another configuration implementing only one pump source is described in
[155]. In this system, a ring configuration is used to extend the system length:
sensing over 142.2 km of fiber with 5 m spatial resolution and �1.5°C temper-
ature accuracy was achieved. Although the sensing distance is 12 km less than
that in paper [69], only one pump source is needed in [155].

A random-fiber-laser-based distributed amplifier can also be incorporated into
other types of distributed optical fiber sensing systems for extension of sensing
distance. As an impressive demonstration, phase-sensitive optical time-domain
reflectometry (Φ-OTDR) with a 175 km sensing range and �12.5 m spatial
resolution was demonstrated in [156]. In that work the authors utilize the

Figure 35

Brillouin optical time-domain reflectometry based on a random fiber laser. The
temperature distribution is measured over a 150 km fiber span. The temperature
value is color coded. Reprinted with permission from Ref. [69]. Copyright 2013
Optical Society of America.
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combination of a copumped random-fiber-laser-based distributed amplifier with
counterpumped first-order Raman amplification and Brillouin amplification
[Fig. 36(a)]. The 1455 nm random lasing generated under the forward pumping
provides distributed amplification for the probe pulse all the way along the first
88 km fiber span (Segment 1), making the probe pulse efficiently amplified via
the Brillouin gain in the range from 88 to 138 km (Segment 2). First-order
Raman amplification takes over the signal boosting in Segment 3 of 37 km
length. In such configuration, the longest repeaterless distributed phase-sensitive
time-domain reflectometer was demonstrated [Fig. 36(b)].

For the forward-pumped random-fiber-laser-based distributed sensing systems,
the sensing distance and OSNR could be further improved by using high-order
random fiber lasers [70]. Indeed, the position of the maximum longitudinal
distribution in the random fiber laser shifts toward longer distances for the
high-order Stokes waves [26]. Also, with the forward-pumped random-fiber-
laser-based distributed amplification, the lasing power distribution can be
adjusted by tuning the reflectivity of the point-based mirrors located on the fiber
span end [34] or by polarization control [47], making manipulation of the signal
power distribution viable.

6. Discussion

The science and technology of long-cavity random DFB fiber lasers are both
developing at a very fast rate since the concept was introduced in 2010 [25].
Despite rather nontrivial science underlying its operation, a random DFB fiber
laser is not a complex and sophisticated engineering system—just the opposite.
The combination of relative simplicity of implementation with very good laser
performance is the key to the popularity of such devices and the growing number
of applications.

The rich variety of demonstrated random fiber lasers is due to a combination of
several factors: (a) the numbers of possible laser system configurations (tunable
operation ([28,50]), filter-based configurations [49,51,64], half-open cavity
setups [34,70], and others; (b) various gain mechanisms [73,90,95]; (c) varied
output wavelengths [45,52,67,70,81,157]; (d) different operational regimes
(CW, pulsating [106,107]), Q-switched random fiber lasers [158]; and (e) a
range of fiber bases [37,45,68,103].
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From a theoretical physics view point, random walk in 1D fiber is very different
from that in 3D physical systems. In a 1D random walk (in an infinite system and
given infinite time) the scattered wave (walker) will eventually return to the
starting point. This is very distinct from t3D systems, making the corresponding
1D laser dissimilar to conventional 3D random lasers. The dynamics of light in a
random medium, defined by multiple scattering of the photons on the fiber in-
homogeneities, is strongly affected by the amplification due to SRS. In the con-
text of Raman fiber lasers, spontaneous Raman scattering is analogous to
fluorescence and SRS is similar to stimulated emission. The important differ-
ence, however, is the nonlinear nature of the Raman processes. The Raman gain
is proportional to the intensity of the pump wave. This makes the spectral fea-
tures of Raman fiber lasers nontrivial, as shown above in Section 3. Theoretical
study of such lasers is far from over. We anticipate new interesting works at the
interface of laser science and disordered theory.

As already mentioned, the relative simplicity of system configuration, the sta-
bility and flexibility of operating wavelengths and powers for the random fiber
laser makes it attractive for various practical applications. For a single-sided
grating-based laser, the lasing characteristics are determined primarily by the
properties of the single FBG used at the edge, rather than the specifics of a fiber
span section. Such a long distributed laser scheme overcomes the limitations
imposed in many applications by fiber losses, and provides a higher SNR over
longer spans of fiber, as compared to an external FBG interrogation. This higher
sensitivity and point-selective response is very attractive for distributed sensing
applications [147,148,150,151,159]. For example, a shift of the random lasing
peak wavelength induced by the FBG strain at one end can be transduced as a
power variation to be measured at the other free end of the laser [159]. Random
lasing has also been used for pumping distributed amplifiers in BOTDA distrib-
uted sensing systems, extending the range of their operational distance to more
than 100 kilometers [142,160,161]. The number of point-sensing FBGs could be
increased, leading to multichannel sensor devices. This can be easily imple-
mented by combining the concept of multiwavelength operation via a set of
FBGs (see, for example, [55]) with sensing techniques [150] for simultaneous
strain and temperature-independent sensing and multiple points. The spectral
flatness of multiwavelength generation together with the possibility of fast
switching between the wavelengths [64] offers promising opportunities for
the multipoint distributed sensing using various random laser configurations that
can be optimized and adjusted to specific applications.

Random distributed fiber laser amplification schemes have been deemed ben-
eficial in long-haul fiber optic communication systems [69,142,143,162,163], as
well as for fiber optic gyroscopes, with the promise of sensitivity improvement
by a factor of 2 [164]. The functionalities of these systems can be extended fur-
ther to time division multiplexed architectures, given the fact that, in comparison
to linear or ring laser cavities, no distortion of the modulating frequency or
self-mode-locking effects have been observed in these systems upon fast modu-
lation of cavity losses [106,165]. Important applications of random fiber lasers
can be found in imaging [15]. Conventional lasers provide good brightness;
however, they are not suited for full-field imaging due to typical high spatial
coherence that results in speckle and the corruption of images. Fiber random
lasers can be an attractive solution providing low spatial coherence and high
enough brightness.
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Overall, the DFB random fiber laser is an interesting and growing area of science
and technology at the interface of laser physics, the theory of disordered sys-
tems, optical engineering, fiber optics, theoretical physics, and various practical
applications, and we anticipate new important developments in this field in the
near future.
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